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ABSTRACT In this paper, we investigate the secrecy outage performance of decode-and-forward (DF)
buffer-aided relaying networks with a multi-antenna destination in the presence of an eavesdropper. In order
to take full advantage of the benefits provided by the multiple antennas at the destination and the available
relays, we adopt the max-link relay selection scheme and propose a half-duplex and two full-duplex secure
transmission schemes for secrecy improvement, i.e., 1) maximal-ratio combining (MRC), 2) maximal-
ratio combining/cooperative jamming (MRC/CJ), and 3) zero-forcing beamforming/cooperative jamming
(ZFB/C]J). For all proposed schemes, we present exact and asymptotic closed-form expressions of the secrecy
outage probability by modeling the dynamic buffer state transitions as a Markov chain. Moreover, simple and
informative asymptotic results are provided under both L /4 oo and L — oo scenarios (where L denotes the
buffer size), from which we can obtain further insights on the secrecy diversity gain and the secrecy coding
gain. The highlights of this paper can be summarized as follows: 1) Under L 4 oo scenario, the secrecy
diversity gains of all proposed schemes both reach M. When L — oo, the secrecy diversity gains of MRC,
MRC/CJ and ZFB/C]J increase to M (1 + Np), MNp and 2M respectively, where M is the number of relays
and Np represents the number of antennas at the destination; 2) The secrecy coding gain of the system differs
with different schemes, and it improves with the increase of M and Np under both the two scenarios; and 3)
Under the scenario L 4 oo, ZFB/CJ outperforms MRC and MRC/CJ across the entire signal-to-noise ratio
(SNR) range of interest, however, when L — oo, ZFB/CJ outperforms MRC/CJ and MRC in the low SNR
regime, while the opposite holds in the high SNR regime.

INDEX TERMS Buffer-aided relay, multi-antenna, full-duplex, secrecy outage probability, secrecy diversity

gain, secrecy coding gain.

I. INTRODUCTION

Nowadays, cooperative communications through relay nodes
has attracted enormous attention due to their abilities of
increasing the effective data transmission rates and extending
the coverage of wireless networks [1], [2]. For cooperative
networks with multiple relay nodes, higher diversity gain
and more efficient utilization of the system resources can
be achieved by exploiting various relay selection schemes
[3], [4]. In conventional relay networks, the selected relay
receives data from source in the first time slot, and forwards it
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to the destination immediately in the next time slot [5]. That is
to say, a prefixed schedule for data transmission or reception
must be followed at the relays which caused that the best link
may be unavailable in a fast-fading environment. In recent
years, equipping data buffers at the relays has attracted
more and more attention, due to its capacity of providing
extra degrees of freedom and offering higher performance
gains in terms of throughput and diversity [6]-[8]. Although
the buffer-aided relaying introduces an additional delay and
higher complexity, it is still a promising approach for delay
insensitive cooperative networks.

Currently, buffer-aided relaying schemes have been pro-
posed in numerous works [9]-[12]. In [11], the max-max
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relay selection (MMRS) scheme was proposed for decode-
and-forward (DF) cooperative networks. In this protocol,
the relay with the best source-to-relay link can be chosen for
reception in odd time slots, while the relay with the best relay-
to-destination link can be chosen for transmission in even
time slots, which can achieve the diversity gain of M (M is the
number of relays). Although the MMRS protocol improves
the throughput or signal-to-noise ratio (SNR) gain compared
with conventional relaying protocol, its diversity gain is lim-
ited to M. To overcome the above problem, Krikidis et al.
in [12] proposed the max-link relay selection scheme, which
adaptively activates the link with best channel condition at
each time slot. That is to say, the best link among all available
source-to-relay and relay-to-destination links can be selected
for transmission or reception and hence, a diversity gain of
2M is achieved.

The broadcast nature of the wireless medium makes the
security of data transmission being a vital issue in wireless
networks [13]. As such, a number of researches have investi-
gated the security of buffer-aided relaying systems from the
physical layer perspective [14]-[16]. In [14], a new max-ratio
relay selection scheme was proposed to improve the confi-
dentiality of transmission in the buffer-aided DF cooperative
wireless networks. The authors in [15] investigated the secure
transmission of buffer-aided cognitive relay networks, and
a closed-form expression of secrecy outage probability was
derived to evaluate secrecy performance. In [16], a buffer-
aided joint transmit antenna and relay selection (JTARS)
scheme was proposed to improve the secrecy performance
of multi-relay multiple-input multiple-output (MIMO) coop-
erative systems in the presence of a passive eavesdropper,
and closed-form expressions of exact and asymptotic secrecy
outage probability were obtained to assess the impact of
different parameters on the secrecy performance.

To further prevent information from being intercepted by
eavesdropper and strengthen the security of cooperative net-
works, the destination jamming scheme was investigated in
several works [17]-[19]. The authors in [18] proposed a
joint source, relay and destination jamming precoding opti-
mization scheme to improve the secrecy performance of
the amplify-and-forward (AF) MIMO untrusted relay net-
works. Furthermore, the idea of introducing the full-duplex
technique into the destination jamming scheme was investi-
gated in [19]. Specifically, the joint transmitting and receiv-
ing beamforming scheme was utilized at the destination to
improve system security where the destination node can
receive signals and send a jamming signal to eavesdrop-
per simultaneously. From the above, combining buffer-aided
relaying with the destination jamming scheme can not only
improve the transmission capacity of the system, but also
provide an effective way to improve the system secrecy per-
formance. To the best of our knowledge, the destination jam-
ming scheme has not been examined in buffer-aided relaying
networks before.

Inspired by the observations above, we consider a
DF buffer-aided relaying network with a multi-antenna
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destination in the presence of an eavesdropper. To exploit
the extra degrees of freedom provided by the multiple
antennas at the destination, we propose a half-duplex
scheme and two full-duplex destination jamming schemes,
i.e., 1) maximal-ratio combining (MRC), 2) maximal-ratio
combining/cooperative jamming (MRC/CJ), 3) zero forcing
beamforming/cooperative jamming (ZFB/CJ). The contribu-
tions of this paper mainly lie in the following:

1) We derive novel exact and asymptotic closed-form
expressions for the secrecy outage probability of the
considered system with MRC, which provides an effi-
cient means to assess the impact of key parameters on
the secrecy performance. To gain more deep insights,
simple asymptotic results are also derived in the high
SNR regime considering L /4 oo and L — o0 scenarios
(where L denotes the buffer size). Based on this, the
secrecy diversity gain and the secrecy coding gain are
investigated furthermore, and the results suggest that
they are affected by the buffer size, the number of relays
and the number of destination’s antennas.

2) For destination jamming schemes, i.e., MRC/CJ and
ZFB/CJ, exact and asymptotic expressions for the
secrecy outage probability in closed-form are obtained
respectively. Moreover, the secrecy diversity gain and
the secrecy coding gain of these two schemes are ana-
lyzed based on the derived asymptotic expressions under
L /4 ooand L — oo scenarios. Specifically, the secrecy
diversity gains of these two schemes both reach M under
the L +# oo scenario. When L — o0, the secrecy
diversity gain of ZFB/CJ is 2M, while MRC/CJ can
achieve MNp (Np represents the number of destina-
tion’s antennas). Moreover, the buffer size, the number
of relays and the number of destination’s antennas also
affect the secrecy coding gain.

3) The results demonstrate that increasing the number of
antennas Np can improve the secrecy performance of
all the proposed schemes both under the L /4 oo and
L — oo scenarios. Moreover, ZFB/CJ outperforms
MRC and MRC/CJ across the entire SNR range of
interest when L - oo, however, under the scenario
L — o0, ZFB/CJ outperforms MRC/CJ and MRC in
the low SNR regime, while the opposite holds in the high
SNR regime.

The remainder of the paper is organized as follows.
In Section II, the system model is introduced. Section III
investigates the exact secrecy outage probability of the sys-
tem. Asymptotic secrecy outage probability in the high SNR
regime is provided in Section IV. Section V presents simu-
lation results. Finally, we summarize the conclusions of this
paper in Section VL.

Notation: In this paper, lower-case and upper-case boldface
symbols are utilized to denote vectors and matrices respec-
tively. ||-|| and ||| denote the Euclidean or L, vector norm
and the Frobenius norm. (-)7 and (~)7L represent the transpose
operation and the conjugate transpose operation. F, (-) and
fy () denote the cumulative distribution function (CDF) and
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the probability density function (PDF) of the random variable
y respectively.

Il. SYSTEM MODEL

We consider a dual-hop multi-relay network as shown
in Fig. 1, which consists of a source node S, a multi-antenna
destination node D, a set of M DF relays {Rk}ﬁ/":1 and an
eavesdropper E. All the nodes are equipped with a sin-
gle antenna except D, which is equipped with Np (Np > 1)
antennas. It is worth noting that the assumed scenario can
be considered as an uplink network, which is similar to [20].
In addition, we assume that each relay is equipped with a data
buffer By of finite size L, and the packets in the buffer follow
the “first-in-first-out” rule. It is also assumed that all of the
relay nodes operate in the half-duplex time-division mode and
the direct link between S and D is not available due to severe
path loss or shadowing effects caused by some obstacles [14].

— Communication Link
***** > Eavesdropping Link
--—=» Interference Link

FIGURE 1. System Model.

Without loss of generality, we denote the channel coeffi-
cient of link a — b as hgp, which is a complex Gaussian
random variable with zero mean and variance A,,. Hence,
the channel gain | 4| is an exponentially distributed random
variable. Moreover, all the channels are subject to indepen-
dent and nonidentical quasi-static flat Rayleigh fading so
that the channel coefficients remain unchanged during the
coherent time of the channels [16], [21].

A. THE TRANSMISSION SCHEME

In this subsection, we present a half-duplex scheme and two
destination jamming schemes to fully exploit the advantage of
multi-antenna at D. For the reader’s convenience, we utilize
capital letters A, B and C represent the MRC, MRC/CJ and
ZFB/CJ schemes respectively.

1) THE MRC SCHEME

The whole transmission process between S and D is com-
pleted within two hops. In the first hop, S sends the signal to
the selected relay while intercepted by the eavesdropper E.
Hence, the received SNR at the i — #h relay and E can be
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respectively expressed as

o _ Pslhse |’

VSR, = —GI%i (1)
Ps |hsg|?
ViE = ——5—, @)
OF

where Pg denotes the transmit power of S, |Agg; ‘2 and |hsg |2
represent the channel gains of link § — R;and S — E, O'I%i
and aé are the variance of the additive white Gaussian noises
(AWGNSs) at R; and E.

In the second hop, the destination node D adopts the
MRC scheme to strengthen the signal reception. Therefore,

the received SNR at D and E are given by

T
L Pk
YRiD = 7 3)
p
A Prlhgel’
ijE = 2 ) (4)
Og

where Pg represents the transmit power of R;, hRjE|2
is the channel gain of link R — E and hy, =
h J

T
[hRle , hRjD2 S, hR.fDND] denotes the Np x 1 channel vec-
tor between R; and D. 0’5 is the variance of AWGN at D.

2) THE MRC/CJ SCHEME

For the MRC/CJ scheme, the destination D performs in the
full-duplex mode, where there are Np — 1 receiving antennas
and one jamming antenna. The first hop of MRC/CJ is the
same as the MRC scheme. Hence we have Vsljei = V?R,-’ and
ySBE = ny. In the second hop, D receives signal from the
selected relay utilizing MRC linear processing scheme and
sends jamming signal from the jamming antenna simultane-
ously. However, it is critical for full-duplex communication
to measure and suppress the self-interference (SI) accurately.
With advances on antenna design and signal processing,
the SI can be significantly canceled or sufficiently suppressed
to a very low level and made negligible by using existing SI
cancellation (SIC) technologies, such as directional SI sup-
pression, antenna separation, analog cancellation and digital
cancellation, and thus the full-duplex mode has attracted a lot
of attention from the research community [22], [23]. In order
to facilitate the following analysis, we assume that the ST at D
can be completely suppressed [24]. Hence the received SNR
at D and signal-to-interference-plus-noise ratio (SINR) at £
can be respectively expressed as

, 2
o _ el
YRiD = 7 (5
%p
B PR V’RjE |2
YRE = (0)

Pp lhpel* + o2
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where hR = [hRjD1 , hRjD2 . hR,DND ]]T denotes the
(Np — 1) x 1 channel vector between the Np — 1 receiving
antennas of D and R;, Pp is the transmit power of D, |hpg |2
represents the channel gain between the jamming antenna of

Dand E.

3) THE ZFB/CJ SCHEME

For the ZFB/CJ scheme, we assume that the destination D
where there is one antenna for receiving signal from the
source node and Np — 1 antennas for transmitting jamming
signal. In the first hop, S sends the signal to the selected relay
while the useful information is intercepted by eavesdropper
E and we also have ySCR[, = y?R[. Simultaneously, D transmits
a jamming signal to degrade the quality of eavesdropper’s
channel. The ZFB scheme is applied to null the undesirable
interference at the selected receiving relay. Thus, according
to the ZFB principles, the problem formulation for finding
the optimal weight vector wzr is given by

T
max ‘h Wwzr
Wazp DE

. ‘h}‘)R,-WZF‘ =0
Iwzrllp =1, N

where hpg = [th E-hp, E ,hDNDqE]T denotes the
(Np — 1) x 1 channel vector between the Np — 1 jamming
antennas of D and E. Similarly, hpg,; is the channel vector
between the Np — 1 jamming antennas of D and R;. Then,
by utilizing projection matrix theory [25], the optimal weight
vector that satisfies the above optimization method can be
expressed as
1
Wzp = M, (8)

-1
where T+ = (1 - hpR; (hTDRihDR;> hI)R,- denotes the

projection idempotent matrix with rank Np — 2. Thus,
the received SINR at E is given by
Ps |hsg|*
Vse = " ©)
Pp ‘hDEWZF‘ + Gb%

In the second hop, the destination D receives the signal
from the selected relay while send a jamming signal to the
eavesdropper E by using maximal-ratio transmission (MRT)
processing approach. The received SNR at D and SINR at E
are respectively given by

2
Pr |hg.
VRCjD — %gflﬂ’ (10)
2
Pr |hp.
Vs = il (1)

Pp lhpell? + o

where ]hR D| represents the channel gain between the receiv-
ing antenna of D and R;.
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According to [26], [27], the achievable secrecy rate of the
first and second hop can be formulated as

Cire = [logy (1 + ysg,) — log, (1 + V§E)]+ ., (12
+
Croe = [log2 (1 + V]%-D) — log, (1 + VI%—E):I . (13)

where » € {4, B, C}, [x]T = max {0, x}.
B. THE MAX-LINK RELAY SELECTION SCHEME
In this subsection, the max-link relay selection scheme is
adopted to strengthen the secrecy performance of the system
[12]. Before delving into analyzing the max-link scheme,
we first model the number of the data packets in each
buffer as a state. Hence s, = [@n (1), ¢ (2), -+, @ (M)]T
denotes the n— th state of all possible states, where ¢, (k) €
{0,1,---,L} (1 <k <M) represents the number of data
packets in buffer By at state s,,.

Then, the number of available links in the first %Ild second

hop at state s,, are respectively given by M| , =) ¢1., (k)

M
and Man= 3" ¢2n (k), where 1, (k) = = P ®#L
k=1 0, ©On (k) =

and ¢, (k) = L, @n(k)#0

0, @on(k)=0
¢n (k) = L or ¢, (k) = 0, it means that the relay Ry can no
longer be selected for reception or transmission. Therefore,
@10 (k) = 0 and ¢, (k) = O represent the corresponding
link is not available at state s,. On the contrary, ¢ , (k) =
1 and ¢, (k) = 1 mean that the corresponding link is
available, that is to say, the relay Ry can be used for recep-
tion or transmission.

Based on the above definition, we will present the expres-
sion of the max-link relay selection scheme in the following
part. The main idea of the max-link scheme is to select the
strongest link for data transmission among all source-to-relay
and relay-to-destination available links. It can be mathemati-
cally expressed as

. More specifically, when

R* = arg max {ySerwl K VRX/IZ,,D} , (14)

2 2

/01% and

where / = Pg |hgp hep!
VSR, S |"sRy, | SR},

1.n
n(l'?éL {|h5R,.|2} denote the maximum SNR and the best
@n(l

channel gain of the M , available links respectively in the

first hop. nyfz,nD € yl‘;‘;&zﬂ D yR&Z’n D yRC,, D’ for the
MRC or MRC/CJ scheme, yg&z-n b, = Pr h]le/, D /o3
and yRﬁ\}zvn p = Pr hIz%2 D /05 represent the maximum
SNR, i | = wnm(j’;li(){”h}g/_DH} and iy ) =

max ‘hR, D‘ denote the strongest channel vector norm
@n()#0 J
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of all available M; j, links. Similarly, for ZFB/CJ scheme,
2

c _ 2 .
)/R;‘,d2 p = Pr hRﬁ/@,, p| /op, also represents the maximum
N i

SNR, and hRf(,;z ”D‘ = (pn(l,'z)l;o{‘hR’D’z} denotes the best

channel gain among M> , available links in the second hop.
According to the relay selection scheme above, we can
easily find that the best relay R* is always selected for data
transmission according to the instantaneous quality of the
links and the state of the buffer at the relays. Specifically,
if the source-to-relay link is available, i.e., the corresponding
buffer is not full, meanwhile, the corresponding channel gain
is best among all available links, hence the relay R* is selected
for reception. In that case, S transmits the data packet to the
selected relay R*, R* receives and decodes the data packet
while intercepted by E. At the meantime, the packet can be
stored in the buffer B*, hence, the number of the packets
in buffer B* will be increased by one. Similarly, when R*
is chosen for transmission, D receives and decodes the data
packet successfully, buffer B* discards the packet and the
number of the packets correspondingly decreases by one.

Ill. EXACT SECRECY OUTAGE ANALYSIS

This section investigates the exact secrecy outage analysis
for DF buffer-aided relaying networks with a multi-antenna
destination. The secrecy outage probability is defined as the
probability that the achievable secrecy rate is less than the
predefined secrecy rate R (bit/s/Hz). The secrecy outage
probability of this system can be represented as [12]

N
> TwPoun (Vin) - (15)

n=1

Pour (Vth) =

where N = (L 4+ 1)™ is the total number of states, 7, and
Pout.n (vm) denote the stationary distribution probability and
the secrecy outage probability at state sy, and yy, = 22Rs i
the secrecy outage threshold. It is worth noting that the expo-
nential term is “2R// due to the whole transmission process is
divided into two time slots.
Next, we will proceed with the secrecy outage probability

of three schemes in the following subsections.

A. PRELIMINARIES
Before delving into analyzing the secrecy outage perfor-
mance of the proposed transmission schemes, we first deﬁn2e
1
"k,
Moreover, for the tractability of analy51s we denote ysp =
E (vsr:) Yro = E (v&p) vse = E (vse). Ve = E (YriE)
and ypr = E (ypg) and the noise variance is 62 = 1. Then
we present the CDF or PDF of these random variables in the
following analysis.
Lemma I: The CDF of X is given by

1,n—1
— M (s)
Z N1 (s) <1

s=0

and ¥ =

random variables X = thSRz

Fx (x) =

— M) (16)
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My, — 1Y\ (=M ,.P
where M (s) = ( 1"; > % and Ni(s) =
(s+1D)Ps
VSR ° .
Proof: The proof can be found in [28]. [ ]

Lemma 2: The CDF of Y can be expressed as

My !
Fro = Z ] '2n ]
rotri -ty =Ma, O 1T TND:
—1)YM2.n—10 P RD (Mz,njro)PR,v
X—lf/ ) ( R)’) e YRD (17)
D 'RD
IT - o
m=1
where T;D = > (m—Dry, and ro,r1---ry, €
m=1
0,1, My}

Proof: Without loss of generality, we define Y1 =

2
thli’jD‘ . According to [29], we find that Y] is a chi-squared
random variable with 2Np degrees of freedom if D adopts
MRC processing. Hence its CDF is given by

PR\

Np Pry m—1 1
o =1- Y (22) e ay

m=1 VRD

Noticing that there is M, available relays for transmis-
sion, the CDF of Y can be further expressed as Fy (y) =
[F Yi (y)]Mz"‘. Then, utilizing the multinomial theorem,
the CDF of Y can be easily derived. [ ]

B. THE MRC SCHEME
From (15), in order to derive the secrecy outage probability of
MRC, we will analysis P4 (yy,) first. For the notation con-

out,n

venience, we define J/SR;u E = (1 + V?Rﬁu ) /(1+ vé)
In n

and yR,, . According

DE = (1 + J/R,,2 D) / (1 + J/R,,2
to [16], the secrecy outage probablhty at state s, under the
MRC scheme is given by

Poun (i) = Fyn,

0

L ym) - Fya o (vm) - (19)

My, M.
. A A
Theorem 1: The CDF of ySRﬁwm g and yR;\?z,n pE are respec-
tively given by
Foa (x)
SRj’wl nE
M ,—1 M@=
- M (s Pge S
=y My e v (20)
— M©) Pg + Ny (s) ysex
F X
g0
Tkp
= 2 D (Tips)
ro+ri+-+rny=Ms p =0
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Mz,n! (—1)’”2-"—’0 <PR >T§D P
rolr!- - ryp! YRD VRE
v 1‘[ [T (m)]™
Tl _ (My—rp) D)
x—1 e YRD x5s!
X ( ) ] 21
PR I:P_R + (szn—ro)PinI‘H—
YRE YRD

Proof: See Appendix A. [ |

Furthermore, note that for the MRC scheme, the probabil-
ities of selecting the source-to-relay and relay-to-destination
link are not equal, which is different from [12]. To make the
following analysis tractable, we denote P‘éD . as the proba-
bilities to select the relay-to-destination link at state s, under
the MRC scheme. We also divide the sets of states which
can be transferred from state s,, within one step into two sets,
denoted as )} and Q2. If the source-to-relay link is selected,
the buffer state will transfer from state s,, to a certain state
in Q,ll Similarly, if the relay-to-destination link is chosen,
the buffer state will transfer to one of states in £22.

Theorem 2: The probability to select the relay-to-
destination link at state s, under the MRC scheme is
expressed as (22), as shown at the bottom of this page.

Proof: If the buffers are full or empty, i.e., M|, = 0 or
M, = 0, it is clear that PRD = 1 and PI]%D = 0 always
holds. When M ,M> , # 0, the relay-to- destination link is
selected if the SNR of the second hop is higher than the first
hop, which can be expressed as

PA A A
= Pr (y <y
RD’ / /!
" SRM],n RMZ,nD

© /P
- / Fx (Piy)fm)dy 23)
0 S

The PDF of Y can be derived by taking the derivative of
Fy (y) with respect to y. Substituting (16) and the PDF of Y
into (23), the desired result can be derived as in (22). [ |

Now, we turn our attention to the stationary distribution
probability under the MRC scheme z*. Firstly, we model
the state transition of the buffer as a Markov chain according
to [12]. Without loss of generality, we denote AA eNXN a5 the
state transition matrix of the MRC scheme, where the entry
A%, = Pr[T (1 +1) =s,|T (t) = 5,] is the probability of
moving from state s, at time slot ¢ to state s, at time slot # 41,
s, represents one of the elements in Q) or Q2.

Specifically, if there is no change in buffer state, i.e., s, =
sn, the data packet is not successfully received and decoded,

in other words, an outage event occurs. On the other hand,
when s, € Q,ll ors, € Q,%, it means that the current state
changes to another state within one step, that is to say, data
transmission is completed between the corresponding nodes.
From the analysis above, A4 can be further expressed as

Pgm,n (Ven) Sy = Sn
(1 - Pl;\ul,n ()/zh)) (1 - P;‘?Dn)
A Y; , S8 € Q:l
Av,n = 1,n 24)
(1 - Pgut,n (th)) P??D,n 2
, sy € Q5
MZ,n
0, else

Then, we can obtain the following key result by utilizing
the analysis above.

Theorem 3: The stationary distribution probability vector
of the MRC scheme can be represented as

-1
A:(AA—I+Q> b. (25)
where 4 = [xf, 75 - ,an, b=,1,---,D7, Iis
the identity matrix and Q is the all-ones matrix.
Proof: The proof can be found in [12]. [ ]

It is worth noting that the closed-form expression of
secrecy outage probability under the MRC scheme can be
easily derived by substituting (19) and (25) into (15) and per-
forming some mathematical manipulations, which provides
an efficient way to evaluate the system secrecy performance.

C. THE MRC/CJ SCHEME
The secrecy outage probability at state s, under the MRC/CJ
scheme is given by

Ps, . (vm) = Fyp, () Fyp () (26)

Mln M2n

0

1’

Tl
(M2,,—1) M, (—1)M2n =170 p RD (7] L Ny 1)1

Theorem 4: The CDF of ygwln g and nyIzn pE can be
respectively expressed as ’
F X
ysli%nE( )
M1 N )@=
L My (s) Pse s
= 1-— - (27)
= MG Pg + Ni (s) ysex
FVB (x)
RX/IZ nDE
TI%D 2
- x (")
s
ro+rit+etrny—1=Mz n s=0
M;,=0

_ \ M (s)
P??D,n - Z Nll(;) 1 - Z

=M; ,—1

— Np T}
s=0 0T rolry g, T (Np) l'Il[(F(m))]r’"?RgD[%SI(U+
m=

Oa
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s MyuMap # 0 (22)

1

Tpp+N,

(MZ.@*’O)PR RD™D
YRD

M>,=0
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1’

2
(Mo~ 1)'M2 (M2~ 1P RD (12 LN o))

M ,=0

B — M
PRD,n= Z Nll((f)) 1—

,Ml,nMZ,n 75 0 (30)

72 T2 Np-1
s=0 2;;:* D=1 gty gy T (Np—1) n oy, RD[”RNI @, (M2n-r0) P ';;;")PR} e
0, My,=0
2
My.,! (—)M2n=ro ( pg\ T D. THE ZFB/CJ SCHEME
rolry!- - ry,—1! Np=1 . \VrD The secrecy outage probability at state s, under the ZFB/CJ
l_[l (I" (m)]"™ scheme is given by
m=
(M2 =r0) =1 PC.  (ym)=F (i)  Fye 33
P — —s - s out,n \Vth vE, Vih C Yih) (33)
o e Viep XSs! <xP— 1) ) (P)/R;* ) < A Ky, Kty D
VYDE R RED . c .
(28) Theorem 6: The CDF of ySR;WLn g and )/R;‘,l2 DE are given
) Np—1 by
where T?, = Zl (m—Drm, ro,ri---ryp—1 € F,c (x)
m= SRy, E
{0, 1,-- -Mz,n} and A is given by Mlﬁ’; | _ Ny6e1) _
1Ln— Np—2 —-—b5—
M (s) Kk'"P™%e I x W
. Pp 1— 34
e*“ Ei (k) (PD8_1)+7, s=0 ZO N1 (s) (Np —3)!Pp 34
1 - - -
e*“Ei (—ex) (k —Pp—Ppek) + ——Pp, s=1 Fc )
A s A o & RMZ,)LDE
= —1)! S K Ei(—s r s)(x— N
(1=Ppe) [kzl ( Z!S() - st : SK)] Man M; (s) KND‘IE%;U x Wy
= 1— (35
sl (=D)y (i)™ e Eiex) Z No (s) (Np —2)!Pp
> - s> 1
— (s—1)lek (s—1)! ’ L _
N Na(9)7,
(0)  Wwhere 1 (5) = 5 + S B () = g + S W
and W, are given by
_(M2 n rO)xJ;RE _ P
with =  Poiro + P , = TD and FEi () belng the _eﬁl(S)KEl' (_ﬂl (S)K)
exponential mtegral functlon [30 eq. (8.211.1)]. B1 () i |
Proof: See Appendix B. n +p (/31 (s)e Ei (1 (s) K)"'E) g
Theorem 5: The probability to select the relay-to- Np=3
destination link at state s, under the MRC/CJ scheme is given - I)NM B1 ()03 PLOFEj (B (5) k)
by (30), as shown at the top of this page. U=
Proof: The proof follows similar lines as that of + Z (k—1)! (B (s)NPH
Theorem 2, hence is omitted. [ | Np3 No2 B (s)ic
Following the similar analysis as MRC, we can also obtain "’PD [( D™ 1 ()" e Ei (1 (s) k)
the state transition matrix and stationary distribution proba- v Np2—k &
bility vector of MRC/C]J, and they are expressed as + kgl (k=Drehi () “* | Np>3
36
Pgm’n (yth) s Sy = Sn Bo(s)k 175 ( )
B B —ePEL (B2 (5) k)
(1 o Pout,n (J/th)) (1 o PRD,n) Bo(S)K I 1
seql P (B2 (9) 2O Ei (B3 () )+ 1)
AS, = M. 31)
" =P o) PR Np =2
aut n Yih RD,n Q2 N3 Nord )
7 : v €, V72 By (N2 P2OKEi (3 (5) )
’ \112 = ND—2
o clse EX (=Dl () it
—1 k=1
JZB = (AB -1+ Q) b. (32) +Pp [(—1)ND_2 B> (S)Ny—l PO gy B2 (5) k)
Np-1
Finally, substituting (26) and (32) into (15) and performing + f (k—1)! (B, (s))No1k Np > 2
some mathematical manipulations, the secrecy outage prob- k=1
ability of the MRC/CJ scheme in closed-form is derived. 37
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Proof: See Appendix C. ]

For ZFB/CJ, recalling the i.i.d assumption of the main

channel, the probabilities to select the first or second

hop are equal, i.e, 1/(M1, + M>,), hence the probabil-

ity of data packet transmission successfully is equal to

(1=PS,; . () / (M1n + Mp,,), which is the same as [12].

As such, the state transition matrix of the ZFB/CJ scheme is

given by

PSn (Vin) - Sy = Sn

A\(;n — (1 B Pgut,n (Vth))
' Ml,n + M2,n

0, else

, sselu@z  (38)

In addition, the stationary distribution probability vector
of ZFB/C] n€ = (A -1+ Q)f1 b, which can also be
obtained by following the similar analysis as in Theorem 3.
To this end, we can obtain the closed-form expression of
the secrecy outage probability under the ZFB/CJ scheme by
substituting (33) and 7€ into (15).

IV. ASYMPTOTIC SECRECY OUTAGE ANALYSIS

As can be seen, the form of exact closed-form expression is
too complicated, we present the asymptotic secrecy outage
analysis at high SNR regime to obtain more insights. Without
loss of generality, we denote y as the average SNR and we
have y = ysr = VgD, YsE = Yre. Moreover, we assume that
ysg — oo and ysg is fixed, which corresponds the scenario
that the main channel is much better than the eavesdropper’s
channel, that is to say, when the eavesdropper E is located
far away from S and D, or the eavesdropper’s channel suffers
from significant shadowing effect.

A. THE MRC SCHEME
Theorem 7: The asymptotic secrecy outage probability of the
MRC scheme can be approximated as

)’th Ml.n+NDM2,n
Py ) R Z o) 92,1(7) (39)
where
MlJl My ,—s
My, yin — 1 T
B () (5 e o
Ln Z s i Yse
s=0
and
NpM;

—1 NpM3 ,—s
x <—”’h ) popsl (41

Proof: See Appendix D. ]
From Theorem 7, we can gather some insights exactly.
Moreover, we can also obtain more insights by analyzing
the asymptotic result on the perspective of the buffer states.
Specifically, we first denote s; and sy as the states that all
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the buffers are empty and full respectively. Then we divide
the set of the whole buffer states into three parts, i.e., & =
&1 U By U B3, where E; represents the set of the states
in which all the buffers are neither full nor empty, E, is
the set of the states in which at least one buffer is either
full or empty except 51 and sy, and E3 = {s1} U {sy}. The
number of elements in E; and &, are Ny = (L — I)M and
Nr»=N—-2—(L-DM.

Then we turn our attention to the asymptotic secrecy outage
probability derived from the division of the buffer states and
the following key result can be easily obtained.

Corollary I: The asymptotic secrecy outage probability of
the MRC scheme can be further expressed as

P, ) T ol 4 od 4 @, (42)
where
M NpM
o = nq‘ef(y—f”) - (ﬁ> L@
Y Y
Vi M (1+Np)
o= 3 mpoter (2) (#4)
S,lEE] y
]/th Ml,n+NDM2,n
ot = Y wlel ot <7> L@
Sp€8p

where ]1,'1 and w4 ‘v represent the corresponding stationary
probability at s; and sy under the MRC scheme, GA and GA
can be obtained by substituting M1, = M and Mz,n = M
into (40) and (41) respectively.

Proof: Recalling the assumption of state s;, which
means that all the links of the first hop are available and all
the links of the second hop are not available, i.e., M|, =
M and M, = 0, hence the corresponding term at s is
n?@f‘ (yin/7)M. We can also derive the corresponding term
at state sy by following the similar analysis. For the states
which belong to 2, we have M|, = M and M> , = M and
the corresponding term <I>A can be derived as (44). Similarly,
dDA can be expressed as (45) when the buffer states belong to
the set E». |

Note that Corollary 1 is derived based on the perspective
of the buffer states, thus, in the following analysis, we study
two special scenario according to the buffer size to analyze
the secrecy diversity gain and the secrecy coding gain: 1)
L > oo, which is a scenario that each buffer at the relays can
only store finite data packets. 2) L — oo, which is an extreme
scenario that means the whole communication process is not
limited by buffer size.

For these two scenarios under the MRC scheme, we have
the following result.

Corollary 2: The asymptotic secrecy outage probability of
the MRC scheme can be further simplified as

y—)oo JIAQA <Vth) s L /A oo

V4
M (1+Np)
Yih
o (%)

Pl (vm) (46)

, L— o0
_ pApA
where ©1 = 0705 .
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Proof: From Corollary 1, for L /4 oo, we find that the
terms corresponding to state sy, <I>‘§ and @‘g‘ are high order
terms compared to the term corresponding to state s; when

_ y—>00 _

y — 00, hence Pf}m (vim) =~ n?@f‘ (yth/y)M. Moreover,
for L — oo, the states in E, occupy the vast majority of
all states due to the fact that l1m (N1/N) = 1, hence the

stationary state converges to a un1f0rm distribution and the
sum of the stationary state probabilities equals to 1. We also
have bel‘ + CID/; ~ 0, thus the asymptotic secrecy outage
probability of the MRC scheme can be approximated as (46).
|
In the following part, we turn our attention to the secrecy
diversity gain and the secrecy coding gain and we have the
following result.
Corollary 3: The secrecy diversity gain and the secrecy
coding gain under the MRC scheme are respectively given by

M, L
Gf} _ /> 00 47
M (1+Np), L—
1
AgA\™ M
—(n‘e;’) L # 00
Gi=1 "™ (48)
o MU+Np)
1 , L—> o0
Yih

Proof: On the basis of [31] and [32], the asymptotic
secrecy outage probability under the MRC scheme can be

expressed as P4, m) (GA ) Gl Hence the secrecy
diversity gain and the secrecy coding gain of the MRC scheme
under L /4 oo and L — o0 scenarios can be easily derived
by using the expression (46). [ |

B. THE MRC/CJ SCHEME
Theorem 8: The asymptotic secrecy outage probability of the
MRC/CJ scheme can be approximated as

5 N My n+(Np—1)M>
y—00 Vi . '
Pou (vm) "~ ) mn67,65, (—) (49)
n=1 Y
where
Ml,n My ,—s
M ym— L\ T
o8 = < ) < ) 7ios! (50)
Ln g s v 'SE
(Np—1D)M3
0B — Pp Z ((ND - 1)M2,n)
21 [(Np — DM e $
_ 1 (ND_I)M2J:_S =S S!
« (V’h ) VReY' 5 (51)
yﬂ’t PD
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—KU

e
1
PD+)

with Ay = [;° ( —¢ ——du which is given by

—ePDEl( X )
Pp
1

A=Y k- Dl (52)
k=1 i
(s — 1)' <PD) §>2
o ()
(s— D! Pp
Proof: See Appendix E. [ ]

Corollary 4: The asymptotic secrecy outage probability of the
MRC/CJ scheme can be further expressed as

Ph ) R 0 4 o 4 of (53)
where
(Np—1)M
Yih Yth
oF = BeB< - ) o <L> . (54
Y 14
yan MNP
of = Y nbolol (—) , (55)
SpE€T Y
Vin M p+WNp—1DM>,,
of = Y nleP 08, <_> .56
SpE€ 8 y
Proof: By following the similar analysis as in

Corollary 1, we can easily obtain the desired result after
some mathematical manipulations. [ ]
Similarly, for L /4 oo and L — oo scenarios under the
MRC/CJ scheme, we can also obtain the following result.
Corollary 5: The asymptotic secrecy outage probability of
the MRC/CJ scheme can be further simplified as

y—00
Ph, (ym) ~
v\
(nf@B—an@B)(J;) ,L /4 oco,Np=2

M
, L/ oco,Np>2 (57)

Y v
D
0, < Vih ) 7
Y
where ®, = 9{395.
Proof: Following the similar analysis as in Corollary 2,
the above result can be easily obtained. [ ]
Corollary 6: The secrecy diversity gain and the secrecy

coding gain under the MRC/CJ scheme are respectively
given by

M?
ng{

Vth
71'113913 -

L — o0

L 4 oo

L— oo (>8)

MNp,
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N

(nf@f +7t]lf,9§) /Vihs L #> oo,Np =2
1
BpB\~ M
0 M
GP = %, L 4 0o,Np > 2
¢ )/lth
— N
0, b L
, — 00
Yih

(59)

Proof: The proof follows similar lines as that of
Corollary 3, hence is omitted. [ |

C. THE ZFB/CJ SCHEME
Theorem 9: The asymptotic secrecy outage probability of the
ZFB/CJ scheme can be approximated as

_ N
Y —>00 )/h
PGy ()~ ) mi 61,63, (7 (60)

)Ml,n+Mz,n
n=1

where

— M n
o — (P_D)”D Z<M>
sn >
VDE =\ F
-1 My ,—s 7S gl
x (V’h ) _WSET A, (61
Vih (Np — 3)!Py,

C PD Np—1 Mo M2,n
02‘" = Y] Z s
VDE par

-1 My ,—s VAR
x (”’h ) _YRET__ Ay (62)
Yih (Np — 2)!PD

. Np—3 ,— Np—2 ,—
with A, = fooo uDe N and Ay = f0°° WD Ny,

(75 (75 +)
which are respectively given by

Np—3—s)!
%, ND—S—3 > 0
Ke
—PpE; (—PL> : Np—s—3=-1
D
sNp+2
Aol Y k=1 ) Motk pE
k=1
_ |
(s N%-I—Z). Np—s—3 <2
()N +2 ¢ Pp Ei (—L)
D
(s—Np +2)! ’

(63)
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(Np—2—s)!
ND—l—S

e

PP Ei(— ),
Pp
sNp—+1

Z (k_l)y(_K)b—ND-‘rl—kP/B
k=1

s Np—s—2>0

Np—s—2=-1

_ |
(s—Np + D!

(i)t o Pp (—i)
Pp

Np—s—2 <2

3

(s—Np + 1!
(64)

Proof: See Appendix F. [ ]
Corollary 7: The asymptotic secrecy outage probability of
the ZFB/CJ scheme can be further written as

y—00
PSy )~ @ + 0 + @F, (65)
where
Yth M
of = <7t1C91C +n,€9§) <7) , (66)
Yth M
of = Y nColof (—) , (67)
SpEE 14
n 1
Vth M1.11+M2.n
of = > =wof,05, <7) , (68)

SpEED

Proof: By following similar analysis as in Corollary 1,
we can easily obtain the desired result after some mathemat-
ical manipulations. u

Corollary 8: The asymptotic secrecy outage probability of
the ZFB/CJ scheme can be further simplified as

y—00

M
CoC 4 2CoC ) (12

(”191 +EN92)<?) » LA
P (vm) "~ ’

2M
%) , L — o0

(69)

CF}

where ©3 = 065 .
Proof: Following similar analysis as in Corollary 2,
the above result can be easily obtained. [ ]
Corollary 9: The secrecy diversity gain and the secrecy
coding gain under the ZEB/CJ scheme are given by

M, L
GS =" 7> 09 (70)
2M, L — oo

1
CpC CopC\ ™
<7t9+n9) /Y, L /> o0
GCC: 111 N2 a1

o 2M
o,
Yih

L — o0

Proof: The proof follows similar lines as that of
Corollary 3, hence is omitted. [ |
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FIGURE 2. Secrecy outage probability of the MRC scheme vs. the average
SNR y with different destination antenna number Np when M =2,
7sg = 10dB.
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FIGURE 3. Secrecy outage probability of the MRC scheme vs. the average
SNR 7 with different number of relays M when Np = 3, yg = 10dB.

V. SIMULATION ANALYSIS

In this section, we present simulation results to verify the
theoretical analysis obtained in the above sections for the
three transmission schemes and investigate the impact of
different curial parameters on the secrecy outage performance
of DF buffer-aided relaying networks with a multi-antenna
destination. Without loss of generality, we assume that pre-
defined secrecy rate Ry = 1 bit/s/Hz, and all transmission
powers are normalized to unity. As indicated in these figures,
we find that the analytical results are in exact agreement with
the Monte Carlo simulations and the asymptotic curves keep
completely tight at high SNR regimes which corroborates the
accuracy of the theoretical analysis.

Fig. 2 and 3 illustrate the secrecy outage probability of
the considered system with MRC for different number of
antennas Np and different number of relays M under L /4 oo
and L — oo scenarios. It is clear that the secrecy outage
probability of the system is degraded as Np and M increases,
both in the case with L /4 oo and L — oo. This is intuitive
since increasing Np or M provides additional secrecy diver-
sity gain or secrecy coding gain. Specifically, from Fig. 2,

VOLUME 7, 2019
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FIGURE 4. Secrecy outage probability of the MRC/CJ scheme vs. the
average SNR y with different destination antenna number N when
M =2, ygg = ypg = 10dB.
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FIGURE 5. Secrecy outage probability of the MRC/CJ scheme vs. the
average SNR y with different number of relays M and when Np = 3,
7se = 7pe = 10dB.

we can see that when L /4 oo, the secrecy diversity gains of
Np = 2,4, 6 are both 2, while under the scenario L — 00
become 6, 10, 14. From Fig. 3, we can also observe that the
secrecy diversity gains of M = 1,2, 3 are 1, 2, 3 under the
scenario L / oo while increases to 4, 8, 12 when L — o0.
Moreover, increasing Np and M can improve the secrecy
coding gain of the considered system and all these above
observations can be verified by (47) and (48).

Fig. 4 and 5 present the secrecy outage probability of
the considered system with MRC/CJ for different number of
antennas Np and different number of relays M under L /4 oo
and L — oo scenarios. We find a similar phenomenon as
the above figures in Fig. 4 and 5. As shown in Fig. 4, if the
number of relays is fixed, i.e., M = 2, the secrecy diversity
gain of the MRC/CJ scheme is 2 regardless of the antennas
numbers Np under the scenario L /4 oo. On the contrary,
the secrecy diversity gains of Np = 2, 4, 6 become 4, 8, 12,
i.e., MNp when L — oo. As can be observed in Fig. 5, when
M = 1,2 and 3, the secrecy diversity gains are 1, 2, and
3 under the scenario L /4 oo while increase linearly with
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FIGURE 7. Secrecy outage probability of the ZFB/CJ scheme vs. the
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Np when L — oo. In addition, it is also observed that the
secrecy coding gain improves with the increase of Np and M,
which agrees with the theoretical asymptotic analysis.

Fig. 6 and 7 examine the impacts of different number of
antennas Np at the destination and different number of relays
M on the secrecy outage probability of the ZFB/CJ scheme,
respectively. As illustrated in Fig. 6, no matter how much Np
is, the secrecy diversity gains remain unchanged, specifically,
the secrecy diversity gain achieves M under the scenario
L - oo while achieves 2M under the scenario L — oo.
From Fig. 7, we can also find that the secrecy diversity gain
increases only with the increase of the number of relays M,
which is in accordance with the result in (70). Similar to the
other schemes, a secrecy coding gain is observed when Np
and M increase.

Fig. 8 plots the secrecy outage probability versus the aver-
age SNR y for the three proposed schemes. As illustrated,
two destination jamming schemes achieve better performance
than the MRC scheme under the scenario L /4 oo. Specif-
ically, ZFB/CJ outperforms MRC/CJ and MRC across the
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FIGURE 9. Secrecy outage probability of the proposed schemes vs.
destination antenna number Np when M = 2, ysg = 10dB,
¥se = ¥pe = 6dB.

entire SNR range of interest due to a jamming signal can be
transmitted not only in the first hop but also in the second
hop, which degrades the quality of eavesdropperars channel
significantly. MRC/CJ outperforms MRC in the low SNR
regime while attains similar outage performance in the high
SNR regime. It is also observed that the larger secrecy coding
gain of ZFB/CJ can be obtained than the other schemes and all
schemes achieve the same secrecy diversity gain of M when
L - o0. On the other hand, under the scenario L — 00,
ZFB/CJ outperforms MRC/CJ and MRC in the low SNR
regime, while the opposite holds in the high SNR regime. This
is quite intuitive since MRC/CJ and MRC can achieve much
larger secrecy diversity gain than ZFB/CJ.

Fig. 9 investigates the impacts of antenna numbers Np
on the secrecy outage probability for the proposed schemes.
As can be readily observed, when L /4 oo, ZFB/CJ always
attains better performance than the other two schemes. More-
over, the secrecy outage probability of ZFB/CJ is constantly
degraded with increasing of Np, while an outage performance
floor occurs for MRC and MRC/CJ. While under the scenario
L — oo, the secrecy performance of MRC and MRC/CJ
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FIGURE 10. Secrecy outage probability of the proposed schemes vs. the
buffer size L when M =2, Np =5, y = 20dB, ysg = 12dB, ype = 10dB.

are much better than ZFB/CJ with the increase of Np, due
to the fact that when L — o0, the states of buffer which are
neither full nor empty dominate the system, that is to say, all
of the links in the first hop and second hop are always avail-
able. Meanwhile, the reception performance and the jamming
intensity increase with the increase of Np. It is clearly that
the improvement of reception performance makes more con-
tributions to the system secrecy performance. Hence, when
L — oo and Np is lager, the MRC/CJ scheme can obtain the
best secrecy performance than two other schemes. However,
the MRC scheme is the most appropriate scheme of the three
proposed schemes after comprehensive consideration about
complexity and system performance in practical applications.

Fig. 10 presents the secrecy outage probability versus the
buffer size L for the three proposed schemes. As can be seen,
the secrecy outage probability degrades with the increase of
the buffer size no matter which scheme is adopted. That is to
say, the secrecy performance of the considered system can be
enhanced by enlarging the buffer size L.

VI. CONCLUSION

In this paper, we investigate the secrecy outage performance
of the DF buffer-aided relaying networks with a multi-
antenna destination. To fully exploit the advantages of multi-
antenna, three transmission schemes with half-duplex and
full-duplex operations are proposed. Moreover, we adopt the
max-link relay selection scheme to enhance the secrecy per-
formance. By utilizing the Markov chain theory, exact and
asymptotic closed-form expressions for the secrecy outage
probability of all the proposed schemes are derived. Mean-
while, considering L # oo and L — o0 scenarios, simple
and informative asymptotic results are also presented, which
enables us to obtain further insights into the impact of key
parameters on the secrecy performance. Our findings suggest
that all of the proposed schemes achieve a secrecy diversity
gain of M under the scenario L 4 oo. On the other hand,
when L — o0, the secrecy diversity gain of ZFB/CJ achieves
2M while MRC and MRC/CJ achieve M (1 + Np) and MNp

VOLUME 7, 2019

respectively. Secrecy coding gain of the system which also
differs from different schemes, improves with the increase
of the number of relays M and the number of destination’s
antennas Np. Furthermore, ZFB/CJ outperforms MRC and
MRC/CJ under the scenario L /4 oco. The same results can be
obtained in the low SNR regime, while the opposite holds in
the high SNR regime when L — o0. In this work, we assume
that perfect channel state information can be acquired, hence
the impact of imperfect channel estimates on the system
secrecy performance under three transmission schemes could
be investigated in the future work.

APPENDIX A
Without loss of generality, we first define Z; = IhSEIZ.
According to the order statistic, the CDF of V?R’ g 1s calcu-
Ml,n
lated as
1+ PsX
Foa () =Pr|—25% _ x>
VSR}VI LE 1+ PsZ;

= / Fx (x;l +xz)le (dz (72
0 Py

Recalling Z; is an exponentlal random variable, and the PDF
Pgz

of Z1 is f7, (z) = —e ¥se | then we substitute it and (16)

into (72), and the CDF of J/SR/ E

By utilizing the formula [30, eq. (3 351.3)] and followmg the
similar operation, we can also obtain the CDF of )/R//

can be easily derived.

,DE
Hence the desired results in Theorem 1 can be obtalned

APPENDIX B

Due to the fact that ySR/ » hence we turn our

E ySR/

attention to the proof for the CDF of the yR,, Let us

DE'

denote Y, = h?e” DE Zz = |hR~E , Uy = |hpel?.

Considering the recelvmg antennas are Np — 1, according to
Lemma 2, we have

FYz()’) =

> Mot

rolri!- - ry,—1!
ro+ri+trny—1=Ma 01 Np—1

—1)YMan—r0 P D _ (Ma.n=10) PRy
e )
[T [T )™
m=1

Similarly, by utilizing order statistic, the CDF of yg,

My nDE
can be expressed as ’
1 + PRrY;
Fop (x) =Pr (+—PII§ZZZ < x)
RMZ,nDE 1 + 1+PpU;
. /°° f"o F x—1 n Xz

- 0 0 & Pr 1+ Ppu
X fz, (2) dzfu, (u) du (74)
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Substituting the PDF of Z, and U and (73) into (74), we can
obtain the CDF of 2, in (75), as shown at the top of this My ,—1 ERUTOICSY]
page yRMz.nDE ) P . M (s) ,kND=2¢” " s
' . . —ro)x7. - N  (Np—3)'P

To make the analysis tractable, we define 8:W+ s=0 ! ) (Np )'Fp
L and k = L2 hence A and A, can be simplified
Pp - VDEud o0 oy

— e u — ue u :

as A = [, o and A2. =/ e For item
A1, there are two cases to consider, which are s = 0 and Ppu Ppu

s > 1. Utilizing the equalities [30, eq. (3.352.4)] and [30,
eq. (3.353.2)], we can derive the corresponding items under
two cases respectively. For item A;, we also consider two
cases, i.e., s = Oand s > 1. As s = 0, with the help of [30,
eq. (3.353.5)], it yields A, = ee* Ei (—ex) + 1.

In order to calculate A> as s > 1, we take a change of
integral variable x + & = ¢, then the calculation of A, can be
further given by

0 (f —g)e ¥ gy
A, f ( )e
&

tS‘+l
o0 E_tht o0 E_tht
e’ — —¢ ——),s>1 (76)
(\/E‘ 15 /; tS-I—l )

By utilizing the integral relationship [30, eq. (3.352.2)] and
[30, eq. (3.353.1)], the item A, as s > 1 can be derived. With
the above analysis, the desired results in Theorem 4 are easily
derived after some mathematical manipulations.

APPENDIX C
Assuming U, = ‘h;r)EWZF
given by [33]

2
, Us = ||hpg||%, the PDF of U, is

, Np=>=3

Np—2 MND—3€7§DLEM
) — (17

_(£fo
fUz(”)_(‘ Np —3)!

YDE
Then, with the help of the order statistic, the CDF of
VS%WI E can be derived as

F c

Yepr
SR E
My

(x)
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uND—Se_ YDE

] foo PDuND—Ze_ﬁ
T

o0
X
/0u+ <L+N1<s)mx) Jo s <L+N1<s)m~x)
Pp PsPp Pp PsPp
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(78)

Considering two cases of Np = 3 and Np > 3, and with
the help of [30, eq. (3.352.4)] and [30, eq. (3.353.5)], we can

obtain W, as in (36) and the CDF of VS??’ ¢ can be derived.
M

On the other hand, the CDF of Us canl’%e obtained when
MRT is applied, then we can obtain the PDF of U3 by taking
the derivative of the CDF of U3, which is given by

Ppu

Np—1 MNsze—ﬁ
) (Np —2)!

P
v, () = (_—D

YDE

(79

By following similar analysis above, we can also obtain the

CDF of yRC,, pg- thus the desired results in Theorem 6 can
M

be derived.

APPENDIX D
When y — oo, with the help of e* ~ 14x (x —>M0), the CDF
Pse)TH then by

of X can be approximated as Fx (x) ~ gj_;}’:
the PDF of Z; into

pulling the approximated CDF of X and

(72), we have
- Ml‘n My ,—s
y—00 Ml n x—1 n
F ~ ’
V?R}W E(x) Z( N )( X
Ln s=0

X Ml,n
X 7S] <;> (80)
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On the other hand, utilizing the Maclaurin series expansion
of the exponential function and neglecting the higher order
terms, the CDF of Y can be approximated as Fy (y) ~

1 Pry \ VDM 2.n . . .
m(??[) , by following the similar analysis
D)=

above, the CDF of y]?,, can be further approximated as
My

DE
N
NpM3 ,,

v 1 N»M
~ Z ( DS2,n>

(Nphr
x—1 NpM; ,,—s X NpM»
X yapst | =
(=) ()
(81

Substituting (80) and (81) into (15) yields to the desired
results in Theorem 7.
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F a (x)
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R DE
M2,n

APPENDIX E

Recalling that the first hop of MRC/CJ is the same as the

MRC scheme, hence we have Fys x) =F A (x).
SR;VII."E SRy, vnE

Moreover, by following similar analysis of (81), the approx-

imated CDF of ylg, pE 18 given by
M2,n

(Np—DM3,

T3 Po )3 "((ND - 1)M2,>
[Np — DM pp & s

(x _ 1>(ND—1)M2,n—S J;kES!/oo e KUy
X
x P 1 s
D)o (3 +u)

A

X (Np—1)M3
x | = (82)
Y

Now, we turn our attention to the inner integral item Aj.
Considering s = 0, s = 1 and s > 2 three cases, with
the help of the integral relationships [30, eq. (3.352.4)] and
[30, eq. (3.353.2)], we can obtain the closed-form expres-
sion of Ay as given in (52). Finally, the desired results in
Theorem 8 can be easily obtained after some mathematical
manipulations.

APPENDIX F
Utilizing the asymptotic CDF of X and the order statistic,
the asymptotic CDF of nge’ £ 1s given by
My
F c (x)

Yop! .
SR E
Ml,n

oMy,
}7200 (?_D)ND : i <M],n>
YDE -\ ¢
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(83)
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To obtain a closed-form expression of the asymptotic CDF
of yS%, g» we need to calculate the integral item A. There
My

n . .
are also three cases to consider, i.e., Np —s —3 >0, Np —

s —3 = —1 and Np — s — 3 < —2. Recalling that the main
channel SNR is high enough, meanwhile in order to make the
analysis tractable, when Np — s — 3 = —1, the item A can

Np—3—s
be simplified as Ay ~ fooo (% + u) e *“du. Accord-
ing to [30, eq. (3.352.4)], we have Ay ~ —eDEi (—5)
Similarly, as Np —s —3 >0 or Np — s — 3 < —2, the item
A, can be approximated as Ay ~ fooo uND=3=Se=Ku gy hence
the desired result in (63) can be obtained using the inte-
gral relationships [30, eq. (3.351.3)] and [30, eq. (3.353.2)].
By following the similar approach, the asymptotic CDF of

C . . .
ny&z DE can also be derived, to this end, pulling these two

asymptotic CDFs into (15) yields the desired result.
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